A non-compact complex manifold X is called a strongly pseudoconuex (spc) manifold if it is exhausted by a C°° function which is strictly plurisubharmonic outside a compact set, that is to say, if there exist a proper C°° map
then X u is relatively compact in X and is itself an spc manifold. We shall call an spc manifold which can be thus represented an spc domain. We shall assume that X is connected throughout. The purpose of the present article is to find out a nice sufficient condition for an spc manifold X to be an spc domain. For the purpose we consider a Hermitian metric l n and at every point of X. Namely, the length of 90 is bounded.
(e) There exist a positive constant k z and a constant d (c Q <c 1 <d) such that
Namely, the length of 90 is larger than a positive constant outside a compact set.
The statement in (c) may not be clear enough, but it will be clear in the course of the proof. If X is an spc domain, conditions (a)~(c) are satisfied and condition (d) is realized when we replace <j> by exp (p. If, moreover, the function $ is not critical at any point of dX, then (e) is satisfied.
The main result is :
Theorem. // an spc manifold X with the exhaustion function (p satisfies the conditions (a)~(e) and if rL=dim c X^3, then X is an spc domain, that is to say, there exists an spc manifold X with an exhaustion function f such that sup is biholomorphically homeomorphic with X and, after identifying these, we have
The condition n^3 is used in the proof because we make use of a result in [7] . § 2. Product Structure as Differentiable Manifolds
We shall assume that conditions (a)~(e) hold for X and (f). Let us take c such that Ci<c<d and set B c ={x^X\<f>(x)=c}, then B c is a compact differentiate manifold of real dimension 2n-1 and we have X-X Cl = B c x(c lf d) (diffeomorphic). To be more precise, let us consider the family of surfaces {B u c ± <u <d} (defined similarly to B c } and the vector field orthogonal to these surfaces. 
Proposition 3'. The components GIJ of the metric tensor can be extended to functions of class C°° on Ux(c, d+e).
We can cover B c by coordinate neighbourhoods U v for which Proposition 3 holds. Thus {U v X(c, d+e)} may be considered as an open covering of M. Making use of a partition of unity, we can extend the tensor field / on X to that on M, of class C°°, which we still denote by /. We don't know if J 2 =-id holds on M-X, but this relation holds at points of X. The metric can also be extended to M as a Riemannian metric of class C°°.
For u with c<u<d, B u = {x^X\<f>(x)=u} has the CR structure induced by the complex structure of X. To give the CR structure is to give the C-subbundle T2 of the complexified tangent bundle CTB U as where T" x denotes the bundle of tangent vectors of type (0, 1). It can also be described in terms of the tensor /. Since / is extended to dX (taken in M), we have a CR structure on dX too, the limit structure of those on B u ' §. We define the Laplace-Beltrami operator D^ by n*=o ° of-Hj o 3. Then as in [5] , formula (56) we have, for and, if we take (5.1) into account, we can derive, as in [5] , '62'. the inequality (5.6) (3<
where C is another constant. For an element f of L q (X, 1} which belongs to the intersection of the domains of 3 and 5%, the formula (5.5) still holds good. Hence if £ e/J, then -(Ae(%)t~, f); t -0. But X is negative semi-definite and strictly negative on a non-empty open set. Hence we have ?=0 on this set. (The integrand of (Ae (7,) $ t zh is negative semi-definite and strictly negative when I is so. This can be seen most easily when we take an orthonormal base for differentials of type (0. 1;, in which coefficients of 1 is diagonal.) By a theorem of Aronszajn on the unique extension of harmonic forms, we have ?=0 on the whole X. JThus we have H= {0} .
Next, proposition 1.2 of [6] shows that (5.6) implies IR^~] = R^.
Proof of Proposition 5. First we shall prove our proposition in case the condition of Lemma 3 is satisfied.
Take a CR holomorphic function / on dX. As the proof of Theorem 2.3.2' in [3] shows, we can extend / to a C°°-f unction /i in a neighbourhood V of SX in M, so that dfi-(d-$Y°g, where g is a 1-form on V of class C", We extend /i to the whole X. Then d/i belongs to L\X, X). We can apply Lemma 3 and can solve (5.7) 3v=3f 1
where v^L\X, X). If we can show that the boundary value of v on dX is equal to zero, then /=/i-v satisfies the requirement of the Proposition, (v is extended to M by setting r=0 outside X.) To see this let us denote the extended function by v. Then v sL°(M). We extend the operator 3 on X to a differential operator D on AL This can be done because the almost complex structure tensor is extended. Take a monotonous C°°-f unction p of t^R, which is =1 for t< -1, =0 forj^O and set p^x^pW^x^ -d) Proof. According to Grauert [8] , there exists a compact analytic subset AdX and a proper holomorphic map 7* from X onto a Stein space X such that T\X\A is biholomorphic. By the fundamental work of Hironaka [9] , [10] , [11] , there is a complex manifold X obtained from X by a succession of blowing-ups along nonsingular centers, such that the induced bimeromorphic map TT : X -»X is holomorphic. X can be chosen so that (I) We can now achieve the proof of our theorem. By [7] , dX can be realized as a hypersurface in a complex manifold Y! provided dim c A^3. Then a neighbourhood W of oX in Y! is separated into two parts by dX. Our Proposition 5 shows that one part has to be biholomorphic with X-(compact set This accomplishes the proof of our theorem.
As an application we shall give a consequence of our main theorem. Let 3C be the set of all complex structures on the underlying differentiable manifold \X\ of an spc domain X in a complex manifold M. Let 3? 0 be the subset of T which consists of the structures of finite distance from that of X measured by the C°°-topology with respect to the metric on M. Then we have Proposition 6. Let X be an spc domain of dimension ^3. Then there exists a neighbourhood 'V of X in 3£ 0 such that every complex structure in <U provides on \X\ the structure of an spc domain.
The proof is immediate from our main theorem.
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